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Abstract: Making General relativity and quantum mechanics combine into one unified theory of quantum gravity proves to
be the biggest scientific challenge facing modern physics. This paper develops a modern approach to quantum gravity as it
investigates physical theory development from classic electromagnetism through M-theory to present a new quantum
gravity equation. The equation applies Einstein field equation extensions added with quantum-geometric corrections and
non-commutative spacetime features and holographic principles to establish new quantum gravity solutions. The ads/CFT
correspondence serves as an investigative tool to study quantum space-time behavior for advancing understanding of black
hole physics and cosmological and high-energy studies. The speculative equation stands as a major advancement in the
effort to bridge macroscopic and microscopic universe descriptions even though it needs additional mathematical and
physical evidence to support its validity.
Keywords: General relativity; Quantum field theory; Quantum electrodynamics; Quantum gravity equation

1 INTRODUCTION

The quest for a unified theory of quantum gravity remains one of the most profound challenges in modern theoretical
physics [1, 2]. Despite the remarkable success of general relativity (GR) in describing the macroscopic structure of
spacetime and quantum field theory (QFT) in explaining the microscopic behavior of particles, reconciling these two
frameworks into a single, consistent theory has proven elusive [3, 4]. The journey begins with Maxwell's theory of
electromagnetism which laid the foundation for classical field theory and inspired Einstein's development of GR. Through
Maxwell's equations electricity and magnetism found their union while introducing fields as basic physics entities which set
the foundation for QFT development [5, 6]. GR's ability to explain gravity by space-time curvature led to an intensified
need for field theory as the proper method to describe fundamental interactions [7, 8]. Quantum mechanics disproved
classical theories through its discovery [9, 10]. The process of quantization in electromagnetic fields resulted in the creation
of quantum electrodynamics (QED) which became the first quantum field theory that proved successful [11, 12]. Scientists
then established the Standard Model of particle physics through QFT principles while explaining three fundamental
interactions (electromagnetic, weak and strong) [13, 14]. GR provides the theoretical description of gravity which remains
resistant to quantization procedures thus scientists continue their search for an improved comprehensive theoretical system
[15, 16]. Many attempts to develop gravitational quantum theory have spawned three different approaches including string
theory along with loop quantum gravity and non-commutative geometry [17, 18]. String theory has established itself as an
outstanding theory of unification because it presents fundamental particles as one-dimensional "strings" which vibrate to
create elementary particles and fundamental forces [19, 20]. M-theory worked as a higher-dimensional extension of string
theory to increase the framework through appearances of an underlying unified mathematical structure that connects various
string theories [21, 22]. The development of quantum gravity theory remains elusive because scientists have not yet
produced a thorough experimental theory [23, 24]. The model proposed here combines essential principles from previous
theories though it puts forward innovative concepts to resolve their current limitations [25, 26]. Engineers derived a new
quantum gravity equation from fundamental quantum geometric corrections which contains non-commutative space-time
characteristics alongside holographic principles [27, 28].

2 QUANTUMMECHANICS

Quantum mechanics stands as the physical theory which explains the behaviors of small-scale matters including atoms and
subatomic particles together with photons [29, 30]. This theory stands as the most successful groundbreaking scientific
theory of all time because it explains the basic properties of tiny particles through which we built semiconductors and lasers
along with developing quantum computing technology [31, 32]. Physical science received revolutionary breakthroughs
through quantum mechanics development in the beginning of the twentieth century as scientists discovered wave-particle
duality alongside uncertainty rules and superposition effects and entanglement properties [33, 34]. Experimental tests have
confirmed these principles multiple times while various contemporary technologies use them to operate. These
fundamentals break away from conventional understandings of space and time and cause-effect relationships. Using wave
functions, operators and Hilbert spaces researchers developed mathematical quantum mechanics because it provides a
strong framework to model quantum system behavior [35, 36]. Quantum mechanics achieves successful results yet scientists
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and researchers actively pursue different explanations about its fundamental nature through extensive investigation [37, 38].
Quantum systems undergo time-based development according to the fundamental Schrödinger equation of quantum
mechanics [39, 40]. The partial differential equation functions as a core component of quantum mechanics research and its
widespread application covers diverse phenomena from atom and molecule conduct to solid and liquid behavior [41, 42].
The Schrödinger equation possesses an easily understandable direct meaning [43, 44]. The wave function ψ contains all
quantum state information regarding the system while the Schrödinger equation depicts how this wave function transforms
through time [45, 46]. According to the Schrödinger equation the operator H denotes all system energy while its equation
demonstrates that wave function time derivative links to system energy levels directly [47, 48].

iℏ ∂ѱ
∂t

= H�ѱ (1)

3 GENERAL THEORY OF RELATIVITY

The 1915 Einsteinian publication of the General Theory of Relativity completely transformed scientific understanding about
space-time relationships together with gravitational fields [49, 50]. According to the theory spacetime experiences curves
from mass objects rather than working as standard forces [51, 52]. The equivalence principle serves as the foundation for
this idea because it demonstrates that gravity creates the same reaction as acceleration does. According to this theory big
objects create spacetime curvature that creates curved tracks through which we recognize as gravitational effects [53, 54].
Light experiences a deflection near massive objects and the gravitational stretching of light waves emerges from white
dwarfs and neutron stars because space-time itself becomes curved [55]. According to General Theory of Relativity
gravitational waves represent space-time curvature formations which arise from major objects undergoing acceleration [56].
Scientists at LIGO managed direct gravitational wave detection in 2015 which tested and confirmed the theory. The
knowledge of the cosmos increases through General Theory of Relativity along with its ability to explain how black hole act
and space expands across the universe [57]. Thorough scientific proof established the theory as a fundamental physical
theory which remains in active use at present [58, 59]. The Einstein Field Equation defines how spacetime curvature
develops when mass and energies appear within space-time environments according to general relativity [60]. The equation
describes how spacetime curvature Gμν corresponding to the Einstein tensor relates to stress-energy tensor Tμν that
represents mass and energy density of objects.

�µ� = 8��
�4 �µ� (2)

4 QUANTUM GRAVITY EQUATION

The classical Einstein-Hilbert action is,
��� ​ = ∫�4� −�​ �​

16πG
+ ℒ������ ​ (3)

Where R is the Ricci scalar, g is the determinant of the metric gμν ​ , ℒmatter​ is the Lagrangian for matter fields. Varying
this action with respect to the metric gμν ​ yields the Einstein field equations,

�µ� + Λ�µ� = 8��
�4 �µ� (4)

To incorporate quantum effects, we modify the Einstein-Hilbert action by adding a quantum geometric lagrangian is ℒ��,

��� ​ = ∫�4� −�​ �​
16πG

+ ℒ������ + ℒ�� ​ (5)

The quantum-geometric Lagrangian LQGLQG​ includes higher-order curvature terms and Planck scale effects,
ℒ�� ​ = ���

2 ​ �2 + ���
4 ​ ��� ​ �µ� + ���

6����� ​ �µ��� + ���
8 ​ ◻� (6)

Where α, β, γ, and δ are dimensionless constants, �� = = ℏ�/�3 ​ is the Planck length, ◻=�µ��µ�� is the d'Alembertian.
To derive the field equations, we vary the action ��� ​ with respect to the metric gμν. The variation of the classical
Einstein-Hilbert term gives the Einstein tensor Gμν. The variation of the quantum-geometric Lagrangian ℒ�� ​ yields
the quantum-geometric tensor �µ�. Variation on ℒ��,
First term in the equation (6),
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�
��µ� −��2 = −� (2��µ� − 1

2
�µ��2) (7)

Second term in the equation (6),

�
��µ� −� ������ = −� (2�µ���

� − 1
2

�µ�������) (8)

Third term in the equation (6),

�
��µ� −� ���������� = −� (2�������

��� − 1
2

�µ�����������) (9)

4th term in the equation (6),

�
��µ� −� ◻� = −� (�µ��� − �µ�◻�) (10)

Combining these results, the quantum-geometric tensor �µ� ​ is,

�µ� = ���
2 2��µ� −

1
2

�µ��2 + ���
4 2�µ���

� −
1
2

�µ������� + ���
6

2�������
��� − 1

2
�µ����������� + ���

8(�µ��� − �µ�◻�) (11)

At the Planck scale, spacetime is expected to exhibit non-commutative properties. We introduce a non-commutative
metric ��µ�,

g�µv = gµv + iθ��∂αgµv∂βg��gρσ (12)

Where θ�� is an antisymmetric tensor representing the non-commutativity of spacetime coordinates. The non-commutative
metric modifies the curvature tensors and the Einstein tensor, but for simplicity, we assume the leading-order effects are
captured by the quantum-geometric tensor �µ�. The holographic principle suggests that the information in a volume of
spacetime is encoded on its boundary. To incorporate this, we add a holographic correction term ℋµ� to the field equations.

ℋµ� = ���
2 1

−�
�

��µ� ∫�4� −��2 (13)

Combining all terms, the Einstein equation becomes for quantum gravity is,
�µ� + Λ�µ� + �µ� + ℋµ� = 8��

�4 �µ� + �µ� (14)

Where �µ� is the quantum stress energy tensor which have value is,
�µv = ϵlp2 T�µv − 1

2
gµv T� (15)

Equation (14), derived here represents a new direction in quantum gravity research it is known as quantum gravity equation.
This theoretical model unites all three elements of quantum corrections with non-commutative geometry and holographic
principles into a coherent mathematical framework [61, 62]. Although theoretical the proposed equation establishes a
framework to study quantum space-time properties and to develop new ways toward combining general relativity and
quantum mechanics [63]. The quantum gravity equation proposed here creates a new and mathematically valid approach to
merge general relativity with quantum mechanics. Quantum geometric corrections together with non-commutative
spacetime and holographic principles enable the equation to handle crucial challenges in quantum gravity through spacetime
fluctuations resolution and singularity elimination and spacetime holography evaluation [64]. The speculative equation
introduces new ways to research quantum spacetime structures and it can guide experiments and theoretical work in the



An advanced approach to quantum gravity

Volume 3, Issue 1, Pp 22-27, 2025

25

field of quantum gravity [65]. The equation holds prospects to transform black hole research along with cosmology and
high-energy physics which establishes its value for future scientific investigations.

5 CONCLUSION

This paper develops a new quantum gravity equation to merge general relativity principles with quantum mechanics through
the proposed equation. The new equation bases its expansion of Einstein field equations on quantum-geometric corrections
and non-commutative spacetime theory plus holographic principles for implementing higher-order curvature terms and
Planck-scale effects alongside quantum field back reaction. Using this proposed framework researcher can deal with three
main quantum gravity obstacles alongside creating fresh pathways for theoretical and experimental study. The framework
serves as an exploration tool for understanding quantum space-time properties which brings possible insights into black
holes and both astrophysics and high-energy testing procedures. The speculative equation demands extra validation through
mathematical and physical means yet proves essential for uniting our understanding of the macroscopic and microscopic
universe descriptions. This research that unites classical and quantum knowledge adds knowledge to the continuous efforts
of understanding the essential nature of spacetime and gravity. Although the journey toward unification remains difficult it
motivates scientists because such a theory promises to advance our understanding of space and our position within it. Our
progress toward understanding all the mysteries of the universe becomes increasingly possible as a result of standing upon
the scientific achievements of Maxwell Einstein and quantum mechanics and string theory pioneers.
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